Abstract. The Finiteness Problem is shown to be unsolvable for any sufficiently large class of modular lattices.
Given a class A of algebraic structures, the Finiteness Problem is to decide for any given finite presentation, that is a list of generator symbols and relations, whether or not there is a finite bound on the size of members of the class which 'admit the presentation', that is a system of generators satisfying the given relations; if A is a quasi-variety, this means finiteness of the free A-algebra given by the presentation. Due to Slavik [6] , the finiteness problem is algorithmically solvable for the class of all lattices, due to Wille [7] for any class of modular lattices, containing the subspace lattice of an infinite projective plane, if one allows only order relations between the generators. The present note relies on the unsolvability of the Triviality Problem for modular lattices [4] which in turn relies on the result of Adyan [1, 2] and Rabin [5] for groups. For a vector space V let L(V ) denote the lattice of subspaces. The following restates the relevant part of Lemma 10 in [4] .
valid in all modular lattices and such that the following hold where
The set of all ϕ ∈ Σ with ϕ ∃ valid in some modular lattice is not recursive.
Consider the conjunction π(ȳ, y ⊥ , y ⊤ ) of the following lattice equations
We use x, y, . . . both as variables and generator symbols and also to denote their values under a particular assignment. In [3] , FM(J 1 4 ) was defined as the modular lattice freely generated under the presentation π(ȳ, y ⊥ , y ⊤ ) (equivalently, by the partial lattice J 4 1 arising from the 6-element height 2 lattice M 4 with atoms y 1 , y 2 , y 3 , y 4 keeping all joins and meets except the join of {y 1 , y 2 }). The following was shown (to prove (i) consider V the direct sum of infinitely many subspaces of dimension ℵ 0 ). Proof. of Theorem 1. Given ϕ ∈ Σ from Lemma 2, consider the presentation ϕ # with generatorsx, x ⊥ , x ⊤ ,ȳ, y ⊥ , y ⊤ and the relations from ϕ, π, and in addition x ⊤ = y ⊤ and x ⊥ = y 1 + y 2 . Considering a modular lattice L with generators and relations according to ϕ # , the following are equivalent in view of Lemma 3. (
(iv) L is of finite height. Clearly, if x ⊥ = x ⊤ in every modular lattice admitting presentation ϕ then the same applies to the presentation ϕ # . On the other hand, assume that ϕ ∃ is valid in some modular lattice. Given any vector space V , embed FM(J 
